Notation and Terminology
The notions and notations used in this paper are defined in [11] .
Let g be a 3-filiform Lie algebra of dimension 8. We consider a characteristic vector Xo E g - (g, g] . An adapted basis [11] In what follows, when we use subindexs i and j, then respective ranges of variation will be 1 i 4 and 1 j 2, though we do not indicate it. The laws will be denoted by C2 , where C2 = C/R, being R the equivalence relation defined by uRv ~ u = ±v. 3 3-filiform complex Lie algebras of dimension 8 1. Decomposable case Proposition 3.1. Let g be a 6-dimension filiform Lie algebra. Then g = g ® C2 is a 8-dimension 3-filiform Lie algebra.
Let g be a 7 -dimension 2-filiform Lie algebra. Then g = g~C is a 8-dimension 3-filiform Lie algebra.
The proof is obvious. As we know the 6-dimensional Lie algebras and the 7-dimensional 2-filiform Lie algebras, we can deduce the complete classification of decomposable 8 c' = Q 1 c P 2 0 + P 2 1 a 2 1
.
e ' = ( P 0 e -P 1 a 2 1 ) ( P 0 Q 1 -P 1 Q 0 ) ( P 0 + P 1 e ) ( P 2 0 + P 2 1 a 2 1 ) ; a'21 = ( P 0 Q 1 -P 1 Q 0 ) 2 ( P 2 0 + P 2 1 a 2 1 ) 2 a21.
We observe that the nullities of a21 and e2 + a21 are invariants of the algebra, indeed e,2 + a'21 = (P0Q1 -P 1 Q 0 ) 2 ( P 0 + P 1 e ) 2 ( P 2 0 + P 2 1 a 2 1 ) (e2 + a21) 2022 If a21= 0, to remain into the family: PiS7a22 + P0S3 = 0 and PoS4 + PiS3c + P1S4e + P1S6a11 + P1S7a12 -P2S3e+ P2S7a22 = 0, and the condition of change of basis is P0Q1 (Po + Pie)S7 ~ 0.
Thus, the parameters remain:
c, = Q1c P20 + P1Q1a11 P20(P0 + P1e);
; e, = Q1e P0 + P1e a'11 = Q 2 1 a 1 1 P 0 ( P 0 + P 1 e ) 2 ;
a'22 = S 7 a 2 2 P 3 0 ; a'12 = S 6 a 1 1 + S 7 a 1 2 P 2 0 ( P 0 + P 1 e ) 2 -P 1 S 7 a 2 2 ( 3 P 0 c + P 1 a 1 1 ) P 5 0 ( P 0 + P 1 e ) -P 3 1 S 7 c e 2 a 2 2 P 6 0 ( P 0 + P 1 e ) 2
Furthermore, the nullity of ce + aii is an invariant. In fact,
c' e' + a'11
By the above changes of basis we observe that the nullities of e, aii and a22 are invariants. Taking into account that the dimension of the center is 1 together to fact that a21= 0, we arrive at a22a11 = 0 with any 0.
Now, we show in a table the configuration of (1), (2) , (3) and (4) are described below (1) e=a1=~~ ca22~~
We choose Pi = j~ in order to obtain al2 = 0.
(2) e = 0, a11 ~ 0
By choosing Pi = -~ always can be supposed c = 0 and a22all = 0 ---~ a22 = 0.
Thus, taking ?6 we lead to a~2 = 0.
(3) On = 0, eca22 ~ 0
It is easily seen that e'a'12 + c'a'22 = Q 1 S 7 P 2 0 ( P 0 + P 1 e ) 3 We observe that the nullities of e and ce + aii are invariants. the remaining brackets can be found using Jacobi's identity.
The used notations in the list of algebras can be see in [7] . By commodity, we include the list of laws of any (n -5)-filiform Lie algebra of dimension 6 and 7 (whose Goze's invariant are (5,1) ( [10] , [13] ) and (5,1,1) ([1~), respectively). AL3F (6) 
